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We consider the boundary value problem−div(M(x)∇u) = λu+m(x)
|∇u|q

|u|q−1
+ f(x) in Ω,

u = 0 on ∂Ω,

in a bounded domain Ω ⊂ RN . Here M denotes an elliptic bounded matrix, m ∈ L∞(Ω), 1 < q < 2 and the datum
f ∈ Lp(Ω) for some p > N

2 is nontrivial and may change sign. We prove existence of solution for every λ < λ∗, the
principal eigenvalue for the following problem

−div(M(x)∇u) = λu+m(x)
|∇u|q

uq−1
, in Ω,

u > 0 , in Ω,
u = 0 , on ∂Ω.
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